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Abstract: A novel sensorless speed-control strategy for permanent-magnet ACmotors (PMACMs)
is presented. A nonlinear reduced-order observer and a high-gain observer are designed to estimate
the induced EMF, without mechanical position or speed sensors. In contrast with previous
proposals, the EMF estimation is performed without previous knowledge of its waveform. From
the estimated EMF, the rotor speed and the position derivatives of flux are calculated and used for
the implementation of a PMACM speed control without mechanical position sensor. The proposed
strategy is not limited to PMACM with sinusoidal or trapezoidal EMF waveform. Moreover, it
allows the PMACM ripple torque and copper losses to be minimised. The performance of the
proposal is validated through simulation and experimental results.

1 Introduction

Permanent-magnet AC-motor (PMACM) drives are widely
used in high-performance applications. These motors are
preferred because of the absence of rotor windings, their
high efficiency, their high torque-to-inertia ratio and their
power density.

However, an important disadvantage of PMACMs is
their torque pulsations. This pulsating torque is produced
by different reasons [1, 2]:

(a) distortion of the actual airgap-flux waveform with
regard to the ideal waveform due to the motor geometry;

(b) distortion of the excitation currents due to the invertor
commutation and the current controller;

(c) low resolution or offset in the current measurement;

(d) delay in the synchronisation between the excitation
currents and the actual rotor position; and

(e) magnetic reluctance variation due to stator slots and
other irregularities.

The pulsating torque produced by the interaction of stator-
current magnetomotive forces and rotor-magnet flux
distribution or the angular variation in the rotor magnet
reluctance is called ‘ripple torque’. The pulsating torque
generated by the interaction of the rotor magnetic flux and
angular variations in the stator magnetic reluctance is

known as ‘cogging torque’ [1]. Recently, different techni-
ques have been proposed to reduce torque pulsations. These
techniques can be divided into two groups [1–3]:

(i) motor-design techniques; and

(ii) active control techniques.

Motor-design techniques allow an important reduction of
cogging torque, though its complete elimination is not
possible. Within the second group, several techniques, such
as preprogrammed stator-current excitations to cancel the
torque harmonic components [4–6], torque estimation based
on model reference adaptive schemes [7] and iterative
learning control [3], have been proposed.

In [8], a programmed current-waveform control strategy
for ripple torque and ‘copper-loss’ minimisation is pro-
posed. In this proposal, excitation currents, synchronised
with rotor position, are calculated on the basis of the
instantaneous-reactive-power theory [9]. The implementa-
tion of this strategy requires a previous knowledge of the
position derivative of the linked-flux waveform (induced
electromotive force divided by speed), and the use of a
position sensor to generate the excitation-current references.
The use of a position sensor increases the drive costs and
reduces its mechanical robustness. This is the main reason
why several PMACM control techniques are used which
avoid the use of mechanical position or speed sensors. These
proposals are applicable to PMACMs whose induced
electromotive force (EMF) is perfectly sinusoidal or
trapezoidal [10], but they do not take into consideration
the case of PMACMs with other EMF waveforms.

In this work, a novel sensorless speed-control strategy for
PMACM is presented. A nonlinear reduced-order observer
and a high-gain observer are designed to estimate the
induced EMF, without mechanical position or speed
sensors. From the estimated EMF, the rotor speed and
the position derivatives of flux are calculated, and used in
the implementation of a PMACM speed control without
mechanical position sensor. The main advantage of the
strategy proposed in this paper is that the controller does
not need information about the motor-EMF waveform, as
is usually required when an observer for high performance
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is to be designed. This waveform does not necessarily need
to be sinusoidal or trapezoidal, as other proposals reported
in the literature do; indeed it can take any shape. As a
consequence, the strategy is very robust in the face of the
uncertainty in the EMF waveform. This waveform does not
always coincide with that reported by the manufacturer; it is
even possible to replace a motor having a different EMF
waveform, without performing a laboratory or a self-
commissioning test to know the new EMF waveform. In
addition, this proposal does not need to use a mechanical
position or speed sensor, allowing PMACM ripple-torque
and copper-loss minimisation.

2 Permanent-magnet AC-motor model and
control strategy

2.1 Model
In order to develop the control strategy, the dynamic model
of a PMACM is written in a stationary reference frame
a–b–0 [11]:

dia
dt
¼ �R

L
ia �

1

L
ea þ

1

L
na

dib
dt
¼ �R

L
ib �

1

L
eb þ

1

L
nb

0 ¼ �e0 þ v0

9>>>>=
>>>>;

ð1Þ

dy
dt
¼ o

do
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¼ 1

J
Te �

B
J
o� 1

J
TL

9>>=
>>; ð2Þ

where, ia, ib, ea, eb, e0, va, vb, v0 represent the current, EMF
and voltage components, respectively, in the stationary
reference frame a–b–0; R and L are the stator resistance and
inductance, respectively; y, o and Te represent the rotor
position and speed, and the electromagnetic torque
produced by the motor; J and B are inertia and viscosity,
respectively; and TL is the load torque.

Despite the fact that the motor has no connection to the
neutral point, and therefore no zero-current component can
exist, the equation corresponding to the zero-voltage
component is included in the motor model (1). This permits
the extraction of some additional information about the
harmonic components that exist in the phase-to-neutral
EMF waveform.

The EMF induced into the stator windings can be
obtained as the time derivative of the linked flux:

ea ¼
qla
qy

dy
dt
¼ faðyÞo

eb ¼
qlb
qy

dy
dt
¼ fbðyÞo

e0 ¼
ql0
qy

dy
dt
¼ f0ðyÞo

9>>>>>>=
>>>>>>;

ð3Þ

where, la, lb and l0 are the linked-flux components. The
position derivatives of the linked flux, fiðyÞði ¼ a; b; 0Þ, are
functions of the rotor position and depend on the motor
construction.

The electromagnetic torque can be expressed by [11]

Te ¼ faðyÞia þ fbðyÞib ð4Þ

Therefore it is evident that, to obtain a constant torque,
currents whose waveform depends on the functions fa and
fb must be imposed.

2.2 Minimum-ripple-torque-control
strategy
The ripple-torque-minimisation strategy presented in this
work is based on that proposed in [8]. The motor control is
carried on by imposing stator currents whose waveforms,
synchronised with the rotor position, are calculated on the
basis of the instantaneous-reactive-power theory [9]. Con-
sidering that the torque developed by the motor depends on
the instantaneous active power, the motor torque is
controlled by manipulating the active-current components.
On the other hand, instantaneous reactive power does not
contribute to torque development, but produces reactive-
current circulation. Therefore, instantaneous-reactive-cur-
rent components are set to zero to minimise copper losses.

For the implementation of this strategy, stator-current
references are calculated by the expressions

i�a ¼
T �e fa

f2
a þ f2

b

i�b ¼
T �e fb

f2
a þ f2

b

9>>>>=
>>>>;

ð5Þ

where variables x* represent the reference of x. A more
detailed development of this expression can be found in [8].

To implement this control scheme, it is necessary to know
the position derivatives of the linked flux fi ðyÞði ¼ a; b; 0Þ.
Using a position sensor, fi (y) can be determined ‘offline’ in
an experimental way for each particular motor, and stored
in a look-up table to permit easy calculation of the current
references according to (5). However, the goal of the present
proposal is to design a control law that avoids the use of
linked flux and rotor-position sensors. For this reason, an
observer is used for obtaining estimates for those variables.
These estimates replace the position derivatives of linked
flux and speed values in the control law.

3 Proposed observer

To avoid the use of linked flux and mechanical-position
sensors, it is necessary to estimate the rotor speed and the
position derivatives of flux from the electrical measurable
variables. The rotor speed is needed to close the speed-
control loop, and position derivatives of flux are needed to
generate the current references to minimise the ripple torque
and copper losses (5).

As it can be seen in (3), the information about rotor
speed and position derivatives of flux (f functions) can be
obtained from the induced EMF [12]. To do that, a novel
nonlinear observer is proposed in this paper. This proposal
uses a nonlinear reduced-order observer and a high-gain
observer to estimate the induced EMF without previous
knowledge of its waveform, measuring motor currents and
voltages. Once the EMF is estimated, the position
derivatives of the linked flux and the rotor speed are
calculated.

The time derivatives of the induced EMF components
a–b in (3) are first calculated to implement the observer:

dea
dt
¼ dfa

dt
oþ fa

do
dt

deb
dt
¼

dfb

dt
oþ fb

do
dt

9>>=
>>; ð6Þ
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From (6), the following EMF observer can be designed:

dêa
dt
¼ df̂a

dt
ôþ f̂a

dô
dt
þ g L

dîa
dt
� L

dia
dt

� �

dêb
dt
¼
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dt
ôþ f̂b

dô
dt
þ g L
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dt
� L

dib
dt

� �
9>>>=
>>>;

ð7Þ

where (4) stands for estimated variables and g is a cons-
tant value. The observer copies the EMF dynamics, and
employs the error between estimated and actual current
derivatives as a correction term. Note that e0 is not
estimated, since it can be calculated on the basis of voltage
measurements.

The time derivatives of the estimated currents, used in
the correction term of the observer, can be calculated
from (1):

dîa
dt
¼ �R

L
ia �

1

L
êa þ

1

L
va

dîb
dt
¼ �R

L
ib �

1

L
êb þ

1

L
vb

9>>=
>>; ð8Þ

The time derivative of the estimated speed (acceleration, â)
can be obtained from (2) and (4), assuming that no load
torque exists (TL¼ 0):

â ¼ dô
dt
¼ 1

J
f̂aia þ f̂bib
� �

� B
J
ô ð9Þ

The calculus of the time derivative of the measured currents,
used in the correction term (7), could introduce estimation
errors, due to the measured current ripple and measurement
noise. To reduce this error, the following change of variable
is proposed:

x̂a ¼ êa þ gLia

x̂b ¼ êb þ gLib

)
ð10Þ

where x̂a, x̂b are auxiliary variables.
Differentiating (10), and substituting the derivatives

defined in (7) and (8), the proposed observer results in

dx̂a
dt
¼ df̂a

dt
ôþ f̂aâþ g �Ria � êa þ vað Þ

dx̂b
dt
¼

df̂b

dt
ôþ f̂bâþ g �Rib � êb þ vb

� �

9>>>=
>>>;

ð11Þ

To obtain the time derivatives of f̂, a reduced-order high-
gain observer is proposed, which is essentially an approx-
imate ‘differentiator’ [13]. It is designed by employing the

variable ~f as an estimate of f̂, and using its derivative

ðd ~f=dtÞ as the estimate of ðdf̂=dtÞ. The reader can refer to
Appendix 1 (Section 9.1) for a detailed development of the
following expressions:

dŵa
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¼ � 1

e
ŵa þ

1

e
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� �
dŵb
dt
¼ � 1

e
ŵb þ

1

e
f̂b

� �
9>>=
>>; ð12Þ

where X̂a, X̂b are auxiliary variables, and e is a small positive
parameter. Then,
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dt
� d ~fa

dt
¼ ŵa þ

1

e
f̂a

df̂b

dt
�

d ~fb

dt
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1

e
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9>>>=
>>>;

ð13Þ

Thus, the EMF observer will be given by

dx̂a
dt
¼ ŵa þ

1

e
f̂a

� �
ôþ f̂aâþ g �Ria � êa þ vað Þ

dx̂b
dt
¼ ŵb þ

1

e
f̂b

� �
ôþ f̂bâþ g �Rib � êb þ vb

� �
9>>>=
>>>;
ð14Þ

and the estimated EMF can be obtained by solving (10):

êa ¼ x̂a � gLia

êb ¼ x̂b � gLib

)
ð15Þ

From some experiments performed with several PMACMs
[14, 15], it has been determined that the induced EMF
components obey to the approximation

e2a þ e2b � 4e20 ¼ o2 f2
a þ f2

b � 4f2
0

� �
’ o2K ð16Þ

where K is a coefficient that depends on the motor
characteristics. Based on this approximation, the rotor
speed can be calculated from (16):

ô ¼ 1

K
ê2a þ ê2b � 4e20
� �q

ð17Þ

As it can be seen in (17), it is not possible to determine the
sign of the estimated speed from this expression. However,
it can be demonstrated that the sign of the estimated speed
can be calculated by using the expression

sign ôð Þ ’ sign f̂a
df̂b

dt
� f̂b

df̂a

dt

 !

’ sign f̂aŵb � f̂bŵa
� �

9>>>=
>>>;

ð18Þ

This can easily be proved when f are sinusoidal functions.
Then, the estimated speed can be calculated as

ô ¼ 1

K
sign f̂aŵb � f̂bŵa

� �
ê2a þ ê2b � 4e20
� �q

ð19Þ

From the estimated speed, the estimates of the position
derivatives of flux, necessary to implement the torque
control law (5), are calculated as follows:

f̂a ¼
êa
ô

f̂b ¼
êb
ô

9>>=
>>; ð20Þ

As can be seen in (20), this observer cannot be used at very
low speed, just like other proposals based on the estimation
of the induced EMF. However, a slight change should be
included in the algorithm to ensure its proper operation
during a speed reversal. If low-speed or standstill operation
is needed, the proposed observer should be combined with
some open-loop starting procedures or signal-injection
techniques, as proposed in the literature [16].

Note that the proposed observer and the sensorless
control strategy are based on the model given by (1)–(4),
where a constant inductance, a linear friction and inertia
were assumed. Parameter uncertainties and nonlinearities
can cause the estimation error to converge asymptotically to
a small nonzero value. However, it is possible to reduce the
asymptotic estimation error by increasing the value of g
[17]. In addition, it is well known that mismatches between
the motor and the model can affect the drive performance
adversely. To overcome this drawback, a PI controller is
included in the speed-control loop.
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4 Application in a sensorless speed control for
different motors

Figure 1 shows a simplified scheme of the proposed
sensorless speed control for PMACMs. It has an external
speed-control loop fed back by the estimated speed, and
an internal torque-control loop. Current references for
the invertor current-control loop are generated through
(5) by employing the functions estimated by the observer.
The implemented algorithm is shown in Appendix 2
(Section 9.2).

In the following paragraphs, some results obtained by
numerical simulation of the system shown in Fig. 1 are
presented. Three types of motors, with different induced
EMF waveforms, were simulated:

(a) PMACM with sinusoidal EMF (ideal);

(b) PMACM with trapezoidal EMF (ideal); and

(c) PMACM which EMF is neither sinusoidal nor
trapezoidal (Axial Flux PMACM with experimentally
determined waveform).

The same parameters were used for all the motors (see
Table 1); the induced EMF waveform being the only
change.

The motor is supposed to be driven by a current-
controlled PWM voltage-source invertor as shown in Fig. 1.
The current references are calculated with the proposed
algorithm.

Figures 2–4 show simulation results of the steady-state
operation of the three motors under consideration. Figure 2
corresponds to the sinusoidal-EMF PMACM; Fig. 3 to the
trapezoidal-EMF PMACM; and Fig. 4 to the axial-flux
PMACM. For each motor, the waveform of the position
derivative of flux, corresponding to stator phase a, is shown
in Figs. 2a, 3a and 4a. The actual and estimated
components of the position derivative of flux in a stationary
reference frame are shown in Figs. 2b and c, Figs. 3b and c
and Figs. 4b and c, respectively. It can be seen from these
figures that the proposed observer estimates correctly the
position derivative of flux for each motor, using only the
voltage and current measurements.

In Figs. 2d, 3d and 4d, the simulated electromagnetic
torque for the same operating condition is shown. It can be
seen that the motor torque has only a high-frequency ripple
produced by the switched currents; but the undesired torque
harmonics (6th, 12th etc.) [1] have been eliminated.

Figures 5 and 6 show the transient behaviour during
start-up, application of unmodelled load torque and speed
reversal. Figure 5 shows the actual speed (solid line) and
reference speed (broken line) for each motor, when a step
speed reference of 250 rev/min is applied to the unloaded

Table 1: Motor and observer parameters

Three-phase permanent-magnet motor

16 poles, 2000rev/min 15KW

R¼ 10mO L¼100mH

J¼ 0.78Kgm2 B¼0.0015Kgm2/s

K¼ 0.5021

Observer parameters

g¼400 e¼ 0.0001

−+
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torque
control

(5)

proposed
observer

abc

αβ

abc current-
controlled
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Fig. 1 Block diagram of the sensorless speed control
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Fig. 2 Steady-state performance of PMACM with sinusoidal
EMF (simulation results)
a Actual phase-a function f
b Actual fa (solid), fb (broken) and f0 (chain dotted)

c Estimated f̂a (solid) and f̂b (broken)

d Actual torque Te
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drive. At 4 s an 8Nm load torque is applied. All three
motors show a good transient response with negligible effect
of the nonmodelled load torque.

In Fig. 6 the actual speed (solid line) and reference speed
(broken line) during a speed reversal are presented. The
three graphs correspond to the three motors under analysis.
As stated above, the proposed observer cannot work at zero
speed, so hysteresis was added around null speed to allow
speed reversal without indetermination. Again, this results
show an acceptable closed-loop response even when cross-
ing zero speed.

In summary, simulation results show a good closed-loop
response in steady-state and transient operation. The torque
ripple is almost negligible when the proposed observer and
control strategy are used.

5 Experimental results

To validate the proposed control scheme, a laboratory
prototype drive was implemented using an axial-flux
PMACM, whose parameters are shown in Table 1. The
PMACM motor was fed with a voltage-source invertor
with a fast current-control loop. Motor voltages and
currents were measured using standard Hall-effect sensors
and 12-bit A/D convertors. The acutal speed was also
measured, to compare it with the estimated one. The

observer and the control strategy were implemented on a
PC in ‘C’ language. Differential equations were discretised
using the Euler method with a 200ms sampling period. The
experimental data were captured using a digital scope and
plotted with the simulation software for an easier
comparison with the simulation results. High-gain observer
variables were appropriately scaled to avoid ill-conditioning
problems with very small e values. Note that four
differential equations must be solved to implement this
observer; therefore it is equivalent to the implementation of
previously proposed full-order observers [18] as regards the
computational time.

Figure 7 shows the actual (Fig. 7a) and estimated
(Fig. 7b) position derivative of flux when the motor is
running at 300 rev/min. As can be seen, the estimated
waveform of the position derivative of flux is very similar to
the actual waveform. This allows the use of the estimated
waveforms to minimise the torque ripple and copper losses.
The time derivatives of fa and fb, estimated by the high-
gain observer, are shown in Fig. 7c. The measured current
waveforms in the a–b reference frame (ia, ib) are shown in
Fig. 7d.

To test the observer response, initially the motor-drive
control loop was closed using the measured variables. A
low-speed test is presented in Fig. 8. The unloaded drive is
running at 10 rev/min when a sudden change in the
reference speed occurs. The estimated and measured speeds
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Fig. 3 Steady-state performance of PMACM with trapezoidal
EMF (simulation results)
a Actual phase-a function f
b Actual fa (solid), fb (broken) and f0 (chain dotted)

c Estimated f̂a (solid) and f̂b (broken)

d Actual torque Te
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Fig. 4 Steady-state performance of axial-flux PMACM (simula-
tion results)
a Actual phase-a function f
b Actual fa (solid), fb (broken) and f0 (chain dotted)

c Estimated f̂a (solid) and f̂b (broken)

d Actual torque Te
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are shown in Fig. 8a and b, respectively. A speed-reversal
test is shown in Fig. 9. It can be seen that the speed sign
cannot be determined precisely at low speed, owing to the
above mentioned measurement noise.

Figures 10–12 show the closed-loop-drive performance
when the estimated variables are used in the control
algorithm. A high-speed test is shown in Fig. 10, when the

reference speed (broken line) goes from 1000 rev/min to
2000 rev/min. The low-speed test is shown in Fig. 11, when
a reference speed profile (100–500–100 rev/min) is applied.
In these Figures, a good closed-loop response can be
observed, even at low speed and with braking action.

In Fig. 12, an 8Nm constant load torque is applied at 8 s,
in order to test the sensorless-drive response with non-
modelled load torque. A small steady-state error appears in
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Fig. 5 Start-up and nonmodelled load-torque test (simulation
results)
Reference speed o� (broken) and actual speed o (solid)
a PMACM with sinusoidal EMF
b PMACM with trapezoidal EMF
c Axial-flux PMACM
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Fig. 6 Speed-reversal test (simulation results)
Reference speed o� (broken) and actual speed o (solid)
a PMACM with sinusoidal EMF
b PMACM with trapezoidal EMF
c Axial-flux PMACM
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Fig. 7 Experimental results (variables in a stationary reference
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a Position derivatives of flux fa (solid) and fb (broken), measured
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Fig. 8 Low-speed estimation (experimental results)
a Measured speed o
b Estimated speed ô
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the motor speed. This small error is produced by the
unknown load torque that is not included in the observer
model. The observer converges to a small bounded error. If
this small error is unacceptable for the drive performance,
it can be eliminated by extending the observer as proposed
in [19].

6 Conclusions

A sensorless speed-control strategy for permanent-magnet
AC motors with nonsinusoidal EMF waveform was
presented in this work. The proposed strategy uses a
nonlinear reduced-order observer and a high-gain observer
to estimate the induced EMF, measuring only the stator
currents and voltages. It also allows the reduction of the
ripple torque produced by nonsinusoidal EMF waveforms.

Simulation results demonstrate that it is feasible to apply
the proposed strategy to PMACMs with almost any EMF
waveforms. The proposed strategy was implemented with
an axial-flux PMACM whose EMF waveform is neither
sinusoidal nor trapezoidal. Experimental results demon-
strate a high performance of the observer and a good
closed-loop response of the complete sensorless control
strategy.
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9 Appendixes

9.1 Reduced-order high-gain observer
The reduced-order high-gain observer used to obtain the

time derivatives of f̂ can be constructed as follows [13].
Setting

x1 ¼ f̂

x2 ¼
dx1
dt
¼ df̂

dt

9=
; ð21Þ

where f̂ is known (sub-indexes corresponding to a–b
components have been suppressed for clarity), and defining

x̂1 ¼ ~f

x̂2 ¼
dx̂1
dt
¼ d ~f

dt

9=
; ð22Þ

it is desired to estimate x2 without estimating x1. Then the
following observer is proposed:

dx̂2
dt
¼ 1

e
dx1
dt
� dx̂1

dt

� �
ð23Þ

where e is a small positive parameter. To avoid the
calculation of dx1/dt, a variable change is proposed:

X̂ ¼ x̂2 �
1

e
x1 ð24Þ

Taking the time derivative of (24), and replacing from (23),
the reduced-order observer results in

dŵ
dt
¼ � 1

e
X̂ þ 1

e
x1

� �
ð25Þ

and

x̂2 ¼ ŵþ 1

e
x1 ð26Þ

Returning to the original variables, the reduced-order high-
gain observer results in

dŵ
dt
¼ � 1

e
ŵþ 1

e
f̂

� �
ð27Þ

and

d ~f
dt
¼ ŵþ 1

e
f̂ ð28Þ

9.2 Proposed observer algorithm

(a) Initial conditions: ôð0Þ; f̂að0Þ; f̂bð0Þ; ŵað0Þ; ŵbð0Þ
(b) Inputs: ia; ib; ua; ub; u0
(c) Algorithm:

â ¼ dô
dt
¼ 1

J
f̂aia þ f̂bib
� �

� B
J
ô ð29Þ

dx̂a
dt
¼ ŵa þ

1

e
f̂a

� �
ôþ f̂aâþ g �Ria � êa þ vað Þ

dx̂b
dt
¼ ŵb þ

1

e
f̂b

� �
ôþ f̂bâþ g �Rib � êb þ vb

� �

9>>>>=
>>>>;
ð30Þ

dŵa
dt
¼ � 1

e
ŵa þ

1

e
f̂a

� �
dŵb
dt
¼ � 1

e
ŵb þ

1

e
f̂b

� �
9>>>=
>>>;

ð31Þ

êa ¼ x̂a � gLia

êb ¼ x̂b � gLib

)
ð32Þ

ô ¼ 1

K
sign f̂aŵb � f̂bŵa

� �
ê2a þ ê2b � 4e20
� �q

ð33Þ

f̂a ¼
êa
ô

f̂b ¼
êb
ô

9>>=
>>; ð34Þ
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