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Abstract

High transverse momentum jets produced in pp collisions at a centre of mass energy of 7 TeV
are used to measure the transverse energy–energy correlation function and its associated
azimuthal asymmetry. The data were recorded with the ATLAS detector at the LHC in the
year 2011 and correspond to an integrated luminosity of 158 pb−1. The selection criteria
demand the average transverse momentum of the two leading jets in an event to be larger
than 250 GeV. The data at detector level are well described by Monte Carlo event generators.
They are unfolded to the particle level and compared with theoretical calculations at next-
to-leading-order accuracy. The agreement between data and theory is good and provides a
precision test of perturbative Quantum Chromodynamics at large momentum transfers. From
this comparison, the strong coupling constant given at the Z boson mass is determined to be
αs(mZ) = 0.1173 ± 0.0010 (exp.) +0.0065

−0.0026 (theo.).
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1 Introduction

The study of jet production at the LHC provides a quantitative test of Quantum Chromodynamics, QCD,
at the highest momentum transfers. Theoretical calculations for jet cross-sections in hadronic collisions
have been carried out up to next-to-leading order (NLO) accuracy in the strong coupling constant αs [1–3]
and extensively compared with the data [4–10]. These calculations are valid for configurations with up to
four jets in the final state.
Event shape variables have been measured in all major e+e− experiments, as well as in experiments
at the electron–proton collider HERA. These studies were recently extended to hadron colliders with
measurements of the transverse thrust and the transverse minor [11, 12] at the Tevatron [13] and the LHC
[14, 15].
Energy–energy correlations (EEC), i.e. measurements of the energy-weighted angular distributions of
hadron pairs produced in e+e− annihilation, were proposed in Refs. [16, 17] as an alternative event shape
variable not based on the determination of the thrust principal axis [18] or the sphericity tensor [19].
The EEC function and its asymmetry, AEEC, were subsequently calculated in O(α2

s ) [20–22], and their
measurements [23–35] have had significant impact on the precision tests of perturbative QCD and in the
determination of the strong coupling constant in e+e− annihilation experiments; a recent review is given
in Ref. [36]. The EEC are by construction not affected by soft divergences, and as a consequence of this
they are calculable at high orders.
The transverse energy–energy correlation function, TEEC, and its asymmetry, ATEEC, were proposed as
the analogous variables at hadron collider experiments in Ref. [37], where predictions to leading order
(LO) were also presented. The NLO corrections were calculated recently in Ref. [38] using NLOJet++
[2, 3]. These calculations allow for a numerical determination of the NLO predictions for the TEEC and
ATEEC, i.e. the coefficients of the second order polynomials in the strong coupling constant. They are
used in this paper for quantitative precision tests of QCD including a determination of the strong coupling
constant. The TEEC is defined as:

1
σ

dΣ

d(cos φ)
=

1
σ

∑
i j

∫
dσ

dxTidxT jd(cos φ)
xTixT jdxTidxT j, (1)

where the sum runs over all pairs of jets in the final state with azimuthal1 angular difference φ = ∆ϕi j

and xTi = ETi/ET is the transverse energy carried by jet i in units of the sum of jet transverse energies
ET =

∑
i ETi. In order to cancel uncertainties that are constant over cos φ ∈ [−1, 1], it is useful to define

the azimuthal asymmetry of the TEEC (ATEEC) as
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≡
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d(cos φ)
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φ

−
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σ

dΣ

d(cos φ)

∣∣∣∣∣
π−φ

. (2)

This Letter presents a measurement of the TEEC and its associated asymmetry using high-energy jets.

2 The ATLAS detector

The ATLAS detector [39] is a multi-purpose particle physics detector with a forward-backward symmet-
ric cylindrical geometry and a solid angle coverage of almost 4π.

1 ATLAS uses a right-handed coordinate system with its origin at the nominal interaction point (IP) in the centre of the detector
and the z-axis along the beam pipe. The x-axis points from the IP to the centre of the LHC ring, and the y-axis points
upward. Cylindrical coordinates (r, ϕ) are used in the transverse plane, ϕ being the azimuthal angle around the beam pipe.
The pseudorapidity is defined in terms of the polar angle θ as η = − ln tan(θ/2).
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The inner tracking system covers the pseudorapidity range |η| < 2.5, and consists of a silicon pixel de-
tector, a silicon microstrip detector, and, for |η| < 2.0, a transition radiation tracker. It is surrounded by a
thin superconducting solenoid providing a 2 T magnetic field along the beam direction. A high-granularity
liquid-argon sampling electromagnetic calorimeter covers the region |η| < 3.2. An iron/scintillator tile
hadronic calorimeter provides coverage in the range |η| < 1.7. The endcap and forward regions, span-
ning 1.5 < |η| < 4.9, are instrumented with liquid-argon calorimeters for electromagnetic and hadronic
measurements. The muon spectrometer surrounds the calorimeters. It consists of three large air-core
superconducting toroid systems and separate trigger and high-precision tracking chambers providing ac-
curate muon tracking for |η| < 2.7.
The trigger system [40] has three consecutive levels: level 1 (L1), level 2 (L2) and the event filter (EF).
The L1 triggers are hardware-based and use coarse detector information to identify regions of interest,
whereas the L2 triggers are software-based and perform a fast online data reconstruction. Finally, the EF
uses reconstruction algorithms similar to the offline versions with the full detector granularity.

3 Monte Carlo samples

Multi-jet production in pp collisions is represented by the convolution of the production cross-sections
for parton–parton scattering with the parton distribution functions. Monte Carlo (MC) generators differ
in the approximations used to calculate the underlying short-distance QCD process, in the way parton
showers are built to take into account higher-order effects and in the fragmentation scheme responsible
for long-distance effects. For this analysis, two different MC approaches are used, depending on whether
the underlying hard process is considered to be 2 → 2 or multi-legged. The generated events are then
processed with the ATLAS full detector simulation [41] based on Geant4 [42].
The baseline MC samples are generated using Pythia 6.423 [43] with the matrix elements for the under-
lying 2 → 2 processes calculated at LO using the MRST2007LO* parton distribution functions (PDF)
[44] and matched to transverse-momentum-ordered parton showers. The AUET2B tune [45, 46] is used
to model the underlying event (UE) and the hadronisation follows the Lund string model [47].
Additional samples are generated with Herwig++ 2.5.1 [48], using the CTEQ6.6 PDF [49] and the
UE7000 tune for the underlying event [50]. Herwig++ uses angular-ordered parton showers, a cluster
hadronisation scheme and its own underlying-event parameterisation given by Jimmy [51].
A different approach to simulate multi-jet final states is followed by Alpgen [52]. This approach is based
on LO matrix-element calculations for 2 → n multi-parton final states, with n ≤ 6, interfaced with Her-
wig+Jimmy [53, 51] to provide the parton shower, hadronisation and underlying-event models. Alpgen is
known to provide a good description of the multi-jet final states as measured by ATLAS [54].

4 Event selection and jet calibration

The data used in this analysis were recorded in 2011 at
√

s = 7 TeV and collected using a single-jet
trigger. It requires at least one jet, reconstructed with the anti-kt algorithm [55] with radius parameter
R = 0.4 as implemented in FastJet [56]. The jet transverse energy, ET = E sin θ, is required to be greater
than 135 GeV at the trigger level. This trigger is fully efficient at reconstructed transverse energies above
240 GeV. Taking into account the prescale factor of this trigger, the data collected correspond to an ef-
fective integrated luminosity of Leff = 158 pb−1 [57].
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Events are required to have at least one primary vertex, with five or more associated tracks with trans-
verse momentum pT > 400 MeV. If there is more than one primary vertex, the vertex maximising

∑
p2

T is
chosen. MC simulated events are subject to a reweighting algorithm in order to match the average number
of interactions per bunch-crossing observed in the data.
In the analysis, jets are reconstructed with the same algorithm as used in the trigger, the anti-kt algorithm
with radius parameter R = 0.4. The input objects to the jet algorithm are topological clusters of energy
deposits in the calorimeters [58]. The baseline calibration for these clusters corrects their energy using
local hadronic calibration [59, 60]. The four-momentum of an uncalibrated jet is defined as the sum of the
four-momenta of its constituent clusters, which are considered massless. The resulting jets are massive.
However, the effect of this mass is marginal for jets in the kinematic range considered in this paper.
The jet calibration procedure includes energy corrections for multiple pp interactions in the same or
neighbouring bunch crossings, termed “pileup” in the following, as well as angular corrections to ensure
that the jet originates from the primary vertex. Effects due to energy losses in inactive material, shower
leakage, the magnetic field, as well as inefficiencies in energy clustering and jet reconstruction, are taken
into account. This is done using an MC-based correction, in bins of η and pT, derived from the relation
of the reconstructed jet energy to the energy of the corresponding hadron-level jet, not including muons
or non-interacting particles. In a final step, an in situ calibration corrects for residual differences in the jet
response between the MC simulation and the data using momentum-balance techniques for dijet, γ+jet,
Z+jet and multi-jet final states. This so-called jet energy scale (JES) [61] is subject to uncertainties in-
cluding those affecting the energy of well-measured objects, like Z bosons and photons. The total JES
uncertainty is given by a set of independent sources, correlated in pT. The uncertainty in the pT of indi-
vidual jets due to the JES increases from (1–4)% for |η| < 1.8, to 5% for 1.8 < |η| < 4.5.
The selected events must have at least two jets with transverse momentum pT > 50 GeV and pseudorapid-
ity |η| < 2.5. The two leading jets are further required to fulfil pT1 + pT2 > 500 GeV. In addition, jets are
required to satisfy quality criteria that reject beam-induced backgrounds [62], as well as criteria for the
fraction of the momentum of tracks within the jet which arise from the primary interaction vertex. The
number of selected events in data is 3.8 × 105, with an average jet multiplicity 〈Njet〉 = 2.6. The resulting
distribution for (pT1 + pT2)/2 extends up to 1.3 TeV with an average value of 305 GeV.

5 Results at the detector level

The selected events are used to measure the TEEC and its associated asymmetry ATEEC, as defined in
Equations (1) and (2). The TEEC distribution for a sample of N events is obtained by calculating the
cosines of the angles in the transverse plane between all possible pairs of jets in each event. Every pair
(i, j) represents an entry in the distribution, which is then weighted with the normalised product of the
transverse energies. The weights wi j are defined as

wi j = xTixT j =
ETiET j(∑

k ETk
)2 , (3)

such that for a given event their sum is always unity, as the self correlations i = j are also taken into
account. The resulting distribution is then divided by the number of events, which normalises it to unit
area. This weighting procedure reduces the sensitivity to the jet energy scale and resolution.
Figure 1 shows the TEEC and ATEEC distributions along with comparisons to detector-level Pythia,
Herwig and Alpgen expectations. The TEEC exhibits peaks at cos φ = 1 (self correlations) and near
cos φ = −1, with a rather flat central region around cos φ = 0. These features are similar to those
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observed in e+e− annihilation, as described in Ref. [31]. The central region is expected to be dominated
by hard radiation processes while multiple soft radiation is expected to be important in the cos φ ' ±1
regions.
The description of the TEEC is good in the back-to-back region cos φ ' −1 for both Pythia 6 and Alpgen.
Differences up to 10% are observed in the central part, while the region of small angles shows differences
as large as about 15%. The description by Herwig++ is poorer. The ATEEC exhibits a steep fall-off,
which is reproduced by both Pythia 6 and Alpgen. Herwig++ shows some discrepancies as large as
30%.
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Figure 1: The detector-level distributions for the transverse energy–energy correlation TEEC (left) and its asym-
metry ATEEC (right) along with comparisons to MC model expectations. The uncertainties shown are statistical
only. The first bin of the ATEEC distribution has a negative value and is therefore not included in the figure.

6 Correction to particle level

The data are corrected to the particle level in order to take into account detector efficiencies and resol-
utions. This allows a direct comparison with theoretical calculations, as well as with measurements of
other experiments.
Particle-level jets are reconstructed in MC events using all particles with average lifetime τ > 10−11s,
including muons and neutrinos. The kinematic selection criteria are the same as for the detector-level
distribution. The unfolding relies on a bin-by-bin correction given by the ratios of the particle-level to
detector-level distributions in the Pythia AUET2B sample, which is then applied to the detector-level dis-
tributions in data. To check the effect of bin migrations on the unfolding procedure, an iterative Bayesian
method [63] as implemented in RooUnfold [64] is also used. The convergence criteria is fulfilled when
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the linear sum over all bins of the absolute relative differences from one iteration to the next drops below
10−2. The method converges after five iterations. The differences between the two approaches are negli-
gible, compared to the statistical uncertainties, in the full range of cos φ. This is expected due to the high
azimuthal resolution of the jet axis, which is 10 mrad.
The following experimental sources of uncertainty are considered for this measurement:

• Jet Energy Scale: The uncertainty due to the jet energy scale (JES) [61] is calculated using MC
techniques by varying each jet energy and momentum by one standard deviation for each of the
63 independent sources of the JES uncertainty, and propagated to the TEEC. These uncertainties
depend on the jet transverse momentum and pseudorapidity. The total uncertainty due to the JES
is calculated as the sum in quadrature of all independent uncertainties. In order to investigate the
effect of possible correlations between JES sources in the analysis, two alternative scenarios with
weaker and stronger correlations have been considered [61]. The impact of the change of correla-
tion configurations, as well as of the number of JES independent sources, on the value of αs(mZ)
and its experimental error is found to be negligible.
The values of the JES uncertainty are typically asymmetric for both the TEEC and ATEEC distri-
butions, although the values for this asymmetry are small. Thus, the positive and negative parts of
the uncertainty are independently summed in quadrature.
The TEEC distribution has a total uncertainty of up to 3.5% from the JES sources, the largest
contributions being due to close-by jets and to the different response to jets initiated by gluons or
quarks. This is the dominant experimental systematic uncertainty in the analysis.

• Jet Energy Resolution: The uncertainty in the jet energy resolution [65] is propagated to the
TEEC by smearing each jet transverse momentum by a pT- and η-dependent factor accounting for
the resolution uncertainty. The size of this uncertainty is below 1% for both the TEEC and the
ATEEC distributions.

• Pileup: The pileup uncertainty is estimated by comparing the ratio of the detector-level TEEC
and ATEEC distributions obtained in samples with reduced (µ < 6) and enhanced pileup activity
(µ > 6). Here µ is the average number of interactions per bunch crossing [57]. These ratios are
formed in both data and MC simulation and the difference is assigned as the pileup systematic
uncertainty, which is as large as 2% (4%) for the TEEC (ATEEC). The size of this dedicated
estimate is larger than what is predicted by the sum of the two sources of uncertainty due to pileup
included in the JES uncertainty. The envelope of the two different estimates is used.

• Parton shower modelling: To estimate the uncertainty due to the parton shower modelling, the
data unfolded with Pythia 6 and Herwig++ are compared. The parton shower and hadronisation
models in the two generators are different, as is the implementation of UE effects. The size of this
uncertainty is as large as 3.5% (2.5%) for the TEEC (ATEEC).

• Unfolding: To estimate the uncertainty associated with the unfolding procedure, a data-driven
method is used to test its stability. This method relies on the reweighting of the particle-level pro-
jection of the unfolding transfer matrix so that the agreement between the detector-level projection
and the data is enhanced. This modified detector-level distribution is then unfolded using the cor-
rection factors described above. The difference between the modified particle-level distribution and
the nominal one is then taken as the uncertainty. This uncertainty is smaller than 0.5% for the full
cos φ range.
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Other possible sources of uncertainty are also studied, such as the jet angular resolution and jet quality
selection procedure. They are found to be at the per mille level, much smaller than the statistical uncer-
tainty on the corrected data, and are therefore neglected. To reduce the effect of statistical fluctuations,
all the independent systematic uncertainties discussed here are smoothed separately. Figure 2 shows the
breakdown of the systematic uncertainties for both the TEEC and the ATEEC, together with the total,
obtained as the sum in quadrature of every independent source discussed above.
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Figure 2: Relative systematic uncertainties for the TEEC (left) and the ATEEC (right) as a function of cos φ.

The TEEC and ATEEC distributions, once corrected for detector effects, are shown in Figure 3, together
with their total uncertainties, while numerical values are given in Tables 1 and 2.

As already seen in the detector-level distributions, Pythia 6 and Alpgen give a fair description of the
data both for the TEEC and ATEEC. The back-to-back region cos φ ∼ −1 is well described, while small
discrepancies, at the level of 10%, are observed in the central region of the TEEC and for large cos φ
values. The description by Herwig++ is poorer.
The shape of the ATEEC is very similar to that observed at e+e− colliders, see Refs. [23–35], and well
reproduced by Pythia 6 and Alpgen.

7 Theoretical predictions and uncertainties

In perturbative QCD (pQCD), according to the factorisation theorem [66], final-state observables can
be expressed as a convolution of the partonic cross-sections, σ̂, with the parton distribution functions.
Thus, in this particular case, the TEEC distribution to leading order in the strong coupling constant,
can be expressed as the three-jet, energy-weighted, differential cross-section in cos φ, normalised to the
integrated two-jet cross-section. This can be schematically expressed as

1
σ

dΣ

d(cos φ)
=

Σai,bi fa1(x1) fa2(x2) ⊗ Σ̂a1a2→b1b2b3

Σai,bi fa1(x1) fa2(x2) ⊗ σ̂a1a2→b1b2
, (4)
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Figure 3: The unfolded distributions for transverse energy–energy correlation (left) and its asymmetry (right) along
with comparisons to MC expectations. The statistical uncertainties are shown with error bars, while the total
experimental uncertainties are shown in a shaded band.

where Σ̂a1a2→b1b2b3 is the transverse energy–energy weighted partonic cross-section, xi (i = 1, 2) are the
fractional longitudinal momenta of the initial-state partons, fa1(x1) and fa2(x2) are the PDF, and ⊗ de-
notes a convolution over the appropriate variables. The denominator of Eq. (4) is the integrated dijet
cross-section used to normalise the TEEC.

The pQCD NLO calculations of the TEEC and ATEEC distributions are performed using NLOJet++
[2, 3] interfaced with the MSTW 2008 [67], CT10 [68], NNPDF 2.3 [69] and HERAPDF 1.5 [70] par-
ton distribution functions at NNLO. Typically, O(1010) events are generated for these calculations. This
involves the calculation of the 2 → 3 partonic subprocesses at NLO accuracy and of the 2 → 4 partonic
subprocesses at tree level. In order to avoid the double collinear singularities appearing in the latter [38],
the angular range is restricted to | cos φ| < 0.92.

The renormalisation and factorisation scales, inherent in any pQCD calculation, are usually taken to
reflect the typical transverse momentum of the process under investigation. For the TEEC and ATEEC
calculations, they are taken to be

µR = µF =
pT1 + pT2

2
, (5)

where pT1 and pT2 are the transverse momenta of the two leading jets. This is also the choice in Ref. [71].
The value of the strong coupling constant at a given scale is connected to αs(mZ) using the two-loop beta
function [2, 3].

The NLO theoretical predictions are subsequently corrected for non-perturbative effects such as hadron-
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cos φ TEEC Stat. JES JER Shower Pileup Unfolding
(−1.00,−0.96) 10.008 0.008 +0.033

−0.034 0.009 0.037 0.008 0.008

(−0.96,−0.92) 0.8218 0.0047 +0.0044
−0.0040 0.0011 0.0044 0.0036 0.0005

(−0.92,−0.88) 0.3848 0.0029 +0.0029
−0.0026 0.0006 0.0028 0.0028 0.0002

(−0.88,−0.84) 0.2324 0.0022 +0.0024
−0.0022 0.0004 0.0023 0.0022 0.0001

(−0.84,−0.80) 0.1612 0.0017 +0.0022
−0.0022 0.0003 0.0022 0.0018 0.0002

(−0.80,−0.72) 0.1095 0.0009 +0.0020
−0.0020 0.0002 0.0020 0.0015 0.0002

(−0.72,−0.64) 0.0767 0.0008 +0.0017
−0.0017 0.0001 0.0017 0.0012 0.0001

(−0.64,−0.56) 0.0574 0.0006 +0.0015
−0.0015 0.0001 0.0015 0.0009 0.0001

(−0.56,−0.48) 0.0472 0.0005 +0.0014
−0.0014 0.0001 0.0014 0.0005 0.0001

(−0.48,−0.36) 0.0400 0.0004 +0.0012
−0.0013 0.0001 0.0012 0.0003 0.0001

(−0.36,−0.24) 0.0329 0.0004 +0.0011
−0.0012 0.0001 0.0010 0.0001 0.0001

(−0.24,−0.12) 0.0302 0.0003 +0.0010
−0.0011 0.0001 0.0009 0.0001 0.0001

(−0.12, 0.00) 0.0273 0.0003 +0.0009
−0.0010 – 0.0008 0.0001 0.0001

(0.00, 0.12) 0.0262 0.0003 +0.0009
−0.0010 – 0.0008 0.0001 –

(0.12, 0.24) 0.0264 0.0003 +0.0009
−0.0010 – 0.0008 0.0002 –

(0.24, 0.36) 0.0272 0.0003 +0.0009
−0.0010 0.0001 0.0009 0.0004 –

(0.36, 0.48) 0.0286 0.0003 +0.0010
−0.0010 0.0001 0.0010 0.0006 –

(0.48, 0.56) 0.0306 0.0004 +0.0011
−0.0010 0.0001 0.0011 0.0008 –

(0.56, 0.64) 0.0340 0.0004 +0.0012
−0.0011 0.0001 0.0011 0.0006 –

(0.64, 0.72) 0.0391 0.0004 +0.0014
−0.0014 0.0001 0.0012 0.0004 0.0001

(0.72, 0.80) 0.0487 0.0004 +0.0017
−0.0018 0.0001 0.0013 0.0002 0.0001

(0.80, 0.84) 0.0639 0.0007 +0.0024
−0.0026 0.0001 0.0014 0.0002 0.0002

(0.84, 0.88) 0.0780 0.0008 +0.0029
−0.0032 0.0002 0.0014 0.0002 0.0004

(0.88, 0.92) 0.0955 0.0009 +0.0031
−0.0033 0.0002 0.0013 0.0003 0.0005

(0.92, 0.96) 0.1025 0.0009 +0.0021
−0.0022 0.0001 0.0009 0.0003 0.0004

(0.96, 1.00) 11.448 0.003 +0.039
−0.036 0.006 0.030 0.008 0.008

Table 1: Values of the transverse energy–energy correlation function (TEEC). The statistical and systematic uncer-
tainties, due to Jet Energy Scale and Resolution (JES and JER), shower modelling as well as pileup and unfolding,
are shown in the subsequent columns. Uncertainties marked with a dash (–) are smaller than 0.00005.

isation and the underlying event. This correction is calculated using the leading-logarithm parton shower
generators Pythia 6 and Herwig++ interfaced with different tunes. The full MC generator particle-level
predictions with these effects switched on are compared with the parton-level predictions before had-
ronisation and without UE effects. From this comparison a bin-by-bin correction factor is calculated as
the ratio of the two predictions, which is then used to correct the NLOJet++ output. They are found to
deviate from unity by about 1% for both Pythia 6 and Herwig++ for most of the | cos φ| < 0.92 range.

Three main theoretical uncertainties are considered for the analysis: those corresponding to the renor-
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cos φ ATEEC Stat. JES JER Shower Pileup Unfolding
(−1.00,−0.96) −1.4406 0.0083 +0.0094

−0.0066 0.0144 0.0078 0.0010 0.0001

(−0.96,−0.92) 0.7193 0.0048 +0.0002
−0.0000 0.0002 0.0012 0.0037 0.0001

(−0.92,−0.88) 0.2893 0.0030 +0.0012
−0.0008 0.0012 0.0022 0.0028 0.0003

(−0.88,−0.84) 0.1544 0.0023 +0.0009
−0.0006 0.0007 0.0019 0.0023 0.0002

(−0.84,−0.80) 0.0973 0.0019 +0.0007
−0.0005 0.0004 0.0015 0.0020 –

(−0.80,−0.72) 0.0608 0.0010 +0.0006
−0.0006 0.0002 0.0010 0.0016 –

(−0.72,−0.64) 0.0376 0.0009 +0.0005
−0.0006 0.0001 0.0007 0.0011 0.0001

(−0.64,−0.56) 0.0235 0.0007 +0.0004
−0.0005 0.0001 0.0004 0.0007 0.0001

(−0.56,−0.48) 0.0165 0.0007 +0.0004
−0.0005 0.0001 0.0003 0.0005 0.0001

(−0.48,−0.36) 0.0115 0.0005 +0.0003
−0.0004 0.0001 0.0002 0.0004 0.0001

(−0.36,−0.24) 0.0057 0.0004 +0.0001
−0.0002 – 0.0001 0.0002 0.0001

(−0.24,−0.12) 0.0038 0.0004 +0.0001
−0.0001 – 0.0001 0.0001 0.0001

(−0.12, 0.00) 0.0011 0.0004 – – – – –

Table 2: Values of the asymmetry on the transverse energy–energy correlation function (ATEEC). The statistical
and systematic uncertainties, due to Jet Energy Scale and Resolution (JES and JER), shower modelling as well as
pileup and unfolding, are shown in the subsequent columns. Uncertainties marked with a dash (–) are smaller than
0.00005.

malisation and factorisation scale variations, those corresponding to the PDF, and those on the non-
perturbative corrections.

• Scale uncertainty: The ambiguity in the choice of the renormalisation and factorisation scales gives
rise to a scale uncertainty. To estimate it, the scales µR and µF are varied by a factor of two up and
down, with the additional requirement that 0.5 ≤ µR/µF ≤ 2. From all those variations, the largest
uncertainty is obtained when both µR and µF are varied simultaneously by the same factor from the
nominal scale. These two combinations are used to define the envelope of the scale uncertainty for
both the TEEC and ATEEC. The size of the scale uncertainty is highly asymmetric and is at most
about 8% for the TEEC distribution, and somewhat smaller for the ATEEC.

• PDF uncertainty: The CT10 parton distribution functions provide 50 variations for the 25 fitted
parameters at the 90% confidence level. Each of the 25 parameters are varied up and down fol-
lowing the CT10 recommendations in Ref. [68], and are combined for each bin of the TEEC and
ATEEC distributions following the prescription given in Ref. [72]. The size of the PDF uncer-
tainty, once scaled at 68% confidence level, is about 1.5%. A similar procedure is used for the
MSTW2008, NNPDF 2.3 and HERAPDF 1.5 parton distribution functions.

• Uncertainties in the non-perturbative corrections: The non-perturbative corrections (NPC) are cal-
culated using Pythia 6 interfaced to the AUET2B and AMBT2B tunes [45, 46], as well as Her-
wig++ with the UE7000 tune [50]. Moreover, Pythia 8 interfaced to the 4C and AU2 tunes is also
used. An uncertainty is derived by considering, on a bin-by-bin basis, the maximum difference
between the nominal Pythia AUET2B and any other tune. Its size is below 1% for most of the
angular range considered.
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8 Determination of the strong coupling αs(mZ)

The evaluation of αs(mZ) is made by minimising a χ2 function taking into account correlations between
the systematic uncertainties using nuisance parameters λk, one for each source of uncertainty. These
nuisance parameters are normalised to zero mean and unit variance. The minimum of the χ2 function
is found in a 66-dimensional space, one dimension corresponding to αs(mZ) and the rest to the nuisance
parameters associated with the experimental errors. The function to be minimised is defined as

χ2(αs, ~λ) =
∑

i

(xi − Fi(αs, ~λ))2

∆x2
i + ∆τ2

i

+
∑

k

λ2
k , (6)

where the NLOJet++ predictions are varied according to

Fi(αs, ~λ) = ψi(αs)

1 +
∑

k

λkσ
(i)
k

 . (7)

In these expressions, xi corresponds to the data points in each distribution (TEEC or ATEEC), and ∆xi

are their statistical uncertainties. ∆τi are the statistical errors on the NLOJet++ predictions, while σ(i)
k

correspond to the k-th source of experimental uncertainty in the bin i.
The functions ψi(αs) are analytical expressions parameterising the dependence of each observable (TEEC
or ATEEC) on the strong coupling constant. They are obtained by fitting the predictions for each bin as
a function of αs(mZ). This function is chosen to be a parabola, as the theoretical predictions account for
terms quadratic in αs. The quality of the fit to the NLO theoretical predictions is found to be excellent for
each bin of the TEEC and ATEEC. The uncertainties from these fits are negligible.

The theoretical uncertainties on the predictions are treated by varying the theoretical distributions by each
independent source of uncertainty (scale, all independent PDF uncertainties and non-perturbative correc-
tions) and repeating the fit using the modified theoretical input.

The fit to the TEEC data exhibits shifts in a few nuisance parameters, which are always compatible with
the ±1σ band. The results for the strong coupling constant obtained using different parameterisations
of the PDF are summarised in Table 3, together with the experimental uncertainties and the values of
χ2/Ndof .

PDF αs(mZ) value χ2/Ndof

MSTW 2008 0.1175 ± 0.0010 (exp.) +0.0059
−0.0019 (scale) ± 0.0006 (PDF) ± 0.0002 (NPC) 29.0 / 21

CT10 0.1173 ± 0.0010 (exp.) +0.0063
−0.0020 (scale) ± 0.0017 (PDF) ± 0.0002 (NPC) 28.4 / 21

NNPDF 2.3 0.1183 ± 0.0010 (exp.) +0.0059
−0.0013 (scale) ± 0.0009 (PDF) ± 0.0002 (NPC) 29.3 / 21

HERAPDF 1.5 0.1167 ± 0.0007 (exp.) +0.0040
−0.0008 (scale) +0.0007

−0.0024 (PDF) ± 0.0001 (NPC) 28.7 / 21

Table 3: Results for αs from fits to the TEEC function using different PDF sets, namely MSTW 2008, CT10,
NNPDF 2.3 and HERAPDF 1.5, together with experimental as well as theoretical uncertainties due to scale and
PDF choices and non-perturbative corrections.

The final value for the TEEC fits is chosen to be the one obtained using CT10, since its PDF uncertainty
is largest and serves as an envelope covering the variations with different PDF sets as shown in Table 3:
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Figure 4: The unfolded distributions for transverse energy–energy correlation (left) and its asymmetry (right) com-
pared with the results of a fit to pQCD NLO calculations including non-perturbative corrections. The green shaded
band indicates the uncertainty on the theoretical predictions, which includes the sum in quadrature of uncertainties
associated with scale, αs, PDF and NPC. The statistical uncertainties on the predictions are indicated by green error
bars, appreciable only on the tail of the ATEEC. The solid error bars on the data points (in black) indicate the ex-
perimental uncertainties taking into account the correlations between them. The fitted values of the strong coupling
constant are αfit

s (mZ) = 0.1173 (TEEC) and αfit
s (mZ) = 0.1195 (ATEEC).

αs(mZ) = 0.1173 ± 0.0010 (exp.) +0.0063
−0.0020 (scale) ± 0.0017 (PDF) ± 0.0002 (NPC) . (8)

The fit to the ATEEC data does not show any significant shift in the values of the nuisance parameters. In
this case, the fit results in the values for the strong coupling constant which are summarised in Table 4.

PDF αs(mZ) value χ2/Ndof

MSTW 2008 0.1195 ± 0.0017 (exp.) +0.0055
−0.0015 (scale) ± 0.0006 (PDF) 12.7 / 10

CT10 0.1195 ± 0.0018 (exp.) +0.0060
−0.0015 (scale) ± 0.0016 (PDF) 12.6 / 10

NNPDF 2.3 0.1206 ± 0.0018 (exp.) +0.0057
−0.0013 (scale) ± 0.0009 (PDF) 12.2 / 10

HERAPDF 1.5 0.1182 ± 0.0013 (exp.) +0.0041
−0.0008 (scale) +0.0007

−0.0025 (PDF) 12.1 / 10

Table 4: Results for αs from fits to the ATEEC function using different PDF sets, namely MSTW 2008, CT10,
NNPDF 2.3 and HERAPDF 1.5, together with experimental as well as theoretical uncertainties due to scale and
PDF choices. The uncertainty due to the non-perturbative corrections is negligible.

The final value for the ATEEC fit is also chosen to be the one obtained using the CT10 parton distribution
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functions:
αs(mZ) = 0.1195 ± 0.0018 (exp.) +0.0060

−0.0015 (scale) ± 0.0016 (PDF). (9)

The agreement between the fitted theoretical NLO predictions, including non-perturbative corrections,
and the data is good as shown in Fig. 4 and indicated by the χ2 values given in Tables 3 and 4. Restricting
the angular region in the fits to (−0.72, 0.72), yield values of the strong coupling constant which vary
within experimental uncertainties. The values of αs(mZ) found in this analysis are in agreement with the
world average αs(mZ) = 0.1185±0.0006 [73], as well as with other determinations of the strong coupling
constant from the data collected at the LHC [71, 10, 74].

Calculations beyond NLO accuracy, which are already available for processes such as top-quark pair [75]
or Higgs boson production [76], are needed for multi-jet production at LHC energies. They are expected
to reduce the scale uncertainties, which are the limiting factor in this determination of the strong coupling
constant.

9 Summary

First measurements of the TEEC and ATEEC functions are presented using 158 pb−1 of pp collision
data at 7 TeV recorded by the ATLAS experiment at the LHC. For this purpose, multi-jet final states
are selected requiring jets, reconstructed with the anti-kt algorithm and radius parameter R = 0.4, with
pT > 50 GeV and |η| < 2.5 and such that the scalar sum of the transverse momenta of the two leading jets
is above 500 GeV. The TEEC and ATEEC data are fairly well described by Pythia 6 and Alpgen, while
the Herwig++MC simulation shows some discrepancies which can be as large as 30%.
The TEEC and the ATEEC at the particle level are compared to perturbative QCD predictions at NLO
accuracy. The renormalisation and factorisation scales are chosen to be (pT1+ pT2)/2, ranging from 250 to
1300 GeV and with an average value of 305 GeV. Through their construction, both the TEEC and ATEEC
functions are less affected by experimental effects such as the jet energy scale and resolution or pileup than
absolute cross-section measurements. Similarly, the PDF uncertainties in their theoretical predictions, as
given by Eq. (4), cancel to a large extent. This renders these observables well suited to determine the
strong coupling constant. The data for | cos φ| < 0.92 are fitted to the QCD predictions obtained with
NLOJet++ to determine the value of the strong coupling constant. For the TEEC, which provides the
experimentally more accurate determination, the result of the fit using the CT10 PDF yields

αs(mZ) = 0.1173 ± 0.0010 (exp.) +0.0063
−0.0020 (scale) ± 0.0017 (PDF) ± 0.0002 (NPC). (10)

The present determination of αs(mZ) is limited by the uncertainties due to the choice of renormalisation
and factorisation scales.
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M. Filipuzzi42, F. Filthaut106, M. Fincke-Keeler169, K.D. Finelli150, M.C.N. Fiolhais126a,126c,
L. Fiorini167, A. Firan40, A. Fischer2, C. Fischer12, J. Fischer175, W.C. Fisher90, E.A. Fitzgerald23,
N. Flaschel42, I. Fleck141, P. Fleischmann89, S. Fleischmann175, G.T. Fletcher139, G. Fletcher76,
R.R.M. Fletcher122, T. Flick175, A. Floderus81, L.R. Flores Castillo60a, M.J. Flowerdew101,
A. Formica136, A. Forti84, D. Fournier117, H. Fox72, S. Fracchia12, P. Francavilla80, M. Franchini20a,20b,
D. Francis30, L. Franconi119, M. Franklin57, M. Frate163, M. Fraternali121a,121b, D. Freeborn78,
S.T. French28, F. Friedrich44, D. Froidevaux30, J.A. Frost120, C. Fukunaga156, E. Fullana Torregrosa83,
B.G. Fulsom143, T. Fusayasu102, J. Fuster167, C. Gabaldon55, O. Gabizon175, A. Gabrielli20a,20b,
A. Gabrielli132a,132b, G.P. Gach38a, S. Gadatsch30, S. Gadomski49, G. Gagliardi50a,50b, P. Gagnon61,
C. Galea106, B. Galhardo126a,126c, E.J. Gallas120, B.J. Gallop131, P. Gallus128, G. Galster36, K.K. Gan111,
J. Gao33b,85, Y. Gao46, Y.S. Gao143,e, F.M. Garay Walls46, F. Garberson176, C. García167,
J.E. García Navarro167, M. Garcia-Sciveres15, R.W. Gardner31, N. Garelli143, V. Garonne119, C. Gatti47,
A. Gaudiello50a,50b, G. Gaudio121a, B. Gaur141, L. Gauthier95, P. Gauzzi132a,132b, I.L. Gavrilenko96,

23



C. Gay168, G. Gaycken21, E.N. Gazis10, P. Ge33d, Z. Gecse168, C.N.P. Gee131, Ch. Geich-Gimbel21,
M.P. Geisler58a, C. Gemme50a, M.H. Genest55, S. Gentile132a,132b, M. George54, S. George77,
D. Gerbaudo163, A. Gershon153, S. Ghasemi141, H. Ghazlane135b, B. Giacobbe20a, S. Giagu132a,132b,
V. Giangiobbe12, P. Giannetti124a,124b, B. Gibbard25, S.M. Gibson77, M. Gilchriese15, T.P.S. Gillam28,
D. Gillberg30, G. Gilles34, D.M. Gingrich3,d, N. Giokaris9, M.P. Giordani164a,164c, F.M. Giorgi20a,
F.M. Giorgi16, P.F. Giraud136, P. Giromini47, D. Giugni91a, C. Giuliani48, M. Giulini58b,
B.K. Gjelsten119, S. Gkaitatzis154, I. Gkialas154, E.L. Gkougkousis117, L.K. Gladilin99, C. Glasman82,
J. Glatzer30, P.C.F. Glaysher46, A. Glazov42, M. Goblirsch-Kolb101, J.R. Goddard76, J. Godlewski39,
S. Goldfarb89, T. Golling49, D. Golubkov130, A. Gomes126a,126b,126d, R. Gonçalo126a,
J. Goncalves Pinto Firmino Da Costa136, L. Gonella21, S. González de la Hoz167, G. Gonzalez Parra12,
S. Gonzalez-Sevilla49, L. Goossens30, P.A. Gorbounov97, H.A. Gordon25, I. Gorelov105, B. Gorini30,
E. Gorini73a,73b, A. Gorišek75, E. Gornicki39, A.T. Goshaw45, C. Gössling43, M.I. Gostkin65,
D. Goujdami135c, A.G. Goussiou138, N. Govender145b, E. Gozani152, H.M.X. Grabas137, L. Graber54,
I. Grabowska-Bold38a, P.O.J. Gradin166, P. Grafström20a,20b, K-J. Grahn42, J. Gramling49,
E. Gramstad119, S. Grancagnolo16, V. Gratchev123, H.M. Gray30, E. Graziani134a, Z.D. Greenwood79,n,
C. Grefe21, K. Gregersen78, I.M. Gregor42, P. Grenier143, J. Griffiths8, A.A. Grillo137, K. Grimm72,
S. Grinstein12,o, Ph. Gris34, J.-F. Grivaz117, J.P. Grohs44, A. Grohsjean42, E. Gross172,
J. Grosse-Knetter54, G.C. Grossi79, Z.J. Grout149, L. Guan89, J. Guenther128, F. Guescini49, D. Guest176,
O. Gueta153, E. Guido50a,50b, T. Guillemin117, S. Guindon2, U. Gul53, C. Gumpert44, J. Guo33e,
Y. Guo33b, S. Gupta120, G. Gustavino132a,132b, P. Gutierrez113, N.G. Gutierrez Ortiz78, C. Gutschow44,
C. Guyot136, C. Gwenlan120, C.B. Gwilliam74, A. Haas110, C. Haber15, H.K. Hadavand8, N. Haddad135e,
P. Haefner21, S. Hageböck21, Z. Hajduk39, H. Hakobyan177, M. Haleem42, J. Haley114, D. Hall120,
G. Halladjian90, G.D. Hallewell85, K. Hamacher175, P. Hamal115, K. Hamano169, A. Hamilton145a,
G.N. Hamity139, P.G. Hamnett42, L. Han33b, K. Hanagaki66,p, K. Hanawa155, M. Hance15, P. Hanke58a,
R. Hanna136, J.B. Hansen36, J.D. Hansen36, M.C. Hansen21, P.H. Hansen36, K. Hara160, A.S. Hard173,
T. Harenberg175, F. Hariri117, S. Harkusha92, R.D. Harrington46, P.F. Harrison170, F. Hartjes107,
M. Hasegawa67, Y. Hasegawa140, A. Hasib113, S. Hassani136, S. Haug17, R. Hauser90, L. Hauswald44,
M. Havranek127, C.M. Hawkes18, R.J. Hawkings30, A.D. Hawkins81, T. Hayashi160, D. Hayden90,
C.P. Hays120, J.M. Hays76, H.S. Hayward74, S.J. Haywood131, S.J. Head18, T. Heck83, V. Hedberg81,
L. Heelan8, S. Heim122, T. Heim175, B. Heinemann15, L. Heinrich110, J. Hejbal127, L. Helary22,
S. Hellman146a,146b, D. Hellmich21, C. Helsens12, J. Henderson120, R.C.W. Henderson72, Y. Heng173,
C. Hengler42, S. Henkelmann168, A. Henrichs176, A.M. Henriques Correia30, S. Henrot-Versille117,
G.H. Herbert16, Y. Hernández Jiménez167, R. Herrberg-Schubert16, G. Herten48, R. Hertenberger100,
L. Hervas30, G.G. Hesketh78, N.P. Hessey107, J.W. Hetherly40, R. Hickling76, E. Higón-Rodriguez167,
E. Hill169, J.C. Hill28, K.H. Hiller42, S.J. Hillier18, I. Hinchliffe15, E. Hines122, R.R. Hinman15,
M. Hirose157, D. Hirschbuehl175, J. Hobbs148, N. Hod107, M.C. Hodgkinson139, P. Hodgson139,
A. Hoecker30, M.R. Hoeferkamp105, F. Hoenig100, M. Hohlfeld83, D. Hohn21, T.R. Holmes15,
M. Homann43, T.M. Hong125, L. Hooft van Huysduynen110, W.H. Hopkins116, Y. Horii103,
A.J. Horton142, J-Y. Hostachy55, S. Hou151, A. Hoummada135a, J. Howard120, J. Howarth42,
M. Hrabovsky115, I. Hristova16, J. Hrivnac117, T. Hryn’ova5, A. Hrynevich93, C. Hsu145c, P.J. Hsu151,q,
S.-C. Hsu138, D. Hu35, Q. Hu33b, X. Hu89, Y. Huang42, Z. Hubacek128, F. Hubaut85, F. Huegging21,
T.B. Huffman120, E.W. Hughes35, G. Hughes72, M. Huhtinen30, T.A. Hülsing83, N. Huseynov65,b,
J. Huston90, J. Huth57, G. Iacobucci49, G. Iakovidis25, I. Ibragimov141, L. Iconomidou-Fayard117,
E. Ideal176, Z. Idrissi135e, P. Iengo30, O. Igonkina107, T. Iizawa171, Y. Ikegami66, K. Ikematsu141,
M. Ikeno66, Y. Ilchenko31,r, D. Iliadis154, N. Ilic143, T. Ince101, G. Introzzi121a,121b, P. Ioannou9,
M. Iodice134a, K. Iordanidou35, V. Ippolito57, A. Irles Quiles167, C. Isaksson166, M. Ishino68,
M. Ishitsuka157, R. Ishmukhametov111, C. Issever120, S. Istin19a, J.M. Iturbe Ponce84, R. Iuppa133a,133b,

24



J. Ivarsson81, W. Iwanski39, H. Iwasaki66, J.M. Izen41, V. Izzo104a, S. Jabbar3, B. Jackson122,
M. Jackson74, P. Jackson1, M.R. Jaekel30, V. Jain2, K. Jakobs48, S. Jakobsen30, T. Jakoubek127,
J. Jakubek128, D.O. Jamin114, D.K. Jana79, E. Jansen78, R. Jansky62, J. Janssen21, M. Janus54,
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